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Abstract. In the framework of decomposition methods for multiclass
classification problems, error correcting output codes (ECOC) can be
fruitfully used as codewords for coding classes in order to enhance the
generalization capability of learning machines. The effectiveness of er-
ror correcting output codes depends mainly on the independence of co-
deword bits and on the accuracy by which each dichotomy is learned.
Separated and non-linear dichotomizers can improve the independence
among computed codeword bits, thus fully exploiting the error recovering
capabilities of ECOC. In the experimentation presented in this paper we
compare ECOC decomposition methods implemented through monolit-
hic multi-layer perceptrons and sets of linear and non-linear independent
dichotomizers. The most effectiveness of ECOC decomposition scheme is
obtained by Parallel Non-linear Dichotomizers (PND), a learning ma-
chine based on decomposition of polychotomies into dichotomies, using
non linear independent dichotomizers.

1 Introduction

Error correcting output codes (ECOC) [3] can be used in the framework of
decomposition methods for multiclass classification problems to enhance the
generalization capability of learning machines.

In [5,6], Dietterich and Bakiri applied ECOC to multiclass learning problems.
Their work demonstrated that ECOC can be useful used not only in digital trans-
mission problems [12], but also can improve the performances of generalization
of classification methods based on distributed output codes [20]. In fact, using
codewords for coding classes leads to classifiers with error recovering abilities.
The learning machines they proposed are multi-layer perceptrons (MLP) [19] or
decision trees [10] using error correcting output codes and with implicit dicho-
tomizers learning in a way dependent on the others. We will call classifiers of
this kind as monolithic classifiers.

In this paper we outline that on one hand the approach based on monolithic
classifiers reduces the accuracy of the dichotomizers, and on the other hand
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the dependency among codeword bits limits the effectiveness of error correcting
output codes [18]. On the contrary, we show that the correlation among codeword
bits can be lowered using separated and independent learning machines. In fact,
the error recovering capabilities of ECOC can be used in the framework of the
decomposition of polychotomies into dichotomies, associating each codeword bit
to a separated dichotomizer and coming back to the original multiclassification
problem in the reconstruction stage [15,13]. However, in real applications, the
decomposition of a polychotomy gives rise to complex dichotomies that in turn
need complex dichotomizers. Moreover, decompositions based on error correcting
output codes can sometimes produce very complex dichotomies.

For these reasons, in this paper we propose to implement decomposition
schemes generated via error correcting output codes using Parallel Non-linear
Dichotomizers (PND) model [21,14] that is a learning machine based on decom-
position of polychotomies into dichotomies making use of dichotomizers non-
linear and independent on each other. In this way we can combine the error
recovering capabilities of ECOC codes with a high accurate dichotomizers.

In the next section we introduce the application of ECOC to polychotomy
problems. In Sect.s 3 and 4, an experimental comparison of monolithic and
decomposition based classifiers is reported and discussed. Conclusions are given
in Sect. 5.

2 ECOC for Multiclass Learning Problems

In classification problems based on decomposition methods1, usually we code
classes trough binary strings, or codewords. ECOC coding methods can improve
performances of the classification system, as they can recover errors produced
by the classification system [3].

Let be a K classes polychotomy(or K-polychotomy) P : X → {C1, . . . , Ck},
where X is the multidimensional space of attributes and C1, . . . , Ck are the
labels of the classes. The decomposition of the K-polychotomy generates a set of
L dichotomizers f1, ..., fL. Each dichotomizer fi subdivides the input patterns in
two complementary superclasses C+i and C−

i , each of them grouping one or more
classes of the K-polychotomy. Let be also a decomposition matrix D = [dik] of
dimension L×K represents the decomposition, connecting classes C1, . . . , Ck to
the superclasses C+i and C−

i identified by each dichotomizer. An element of D is
defined as:

dik =
{
+1 if Ck ⊆ C+i
−1 if Ck ⊆ C−

i

When a polychotomy is decomposed into dichotomies, the task of each dicho-
tomizer fi : X → {−1, 1} consists in labeling some classes with +1 and others
with −1. Each dichotomizer fi is trained to associate patterns belonging to class
Ck with values dik of the decomposition matrix D. In the decomposition matrix,
1 A more detailed discussion of decomposition methods for classification is presented

in [13].
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rows correspond to dichotomizers tasks and columns to classes. In this way, each
class is univocally determined by its specific codeword. Using ECOC codes as
codewords we can achieve a so-called ECOC decomposition (Fig. 1).




+1 +1 +1 −1
+1 +1 −1 +1
+1 +1 −1 −1
+1 −1 +1 +1
+1 −1 +1 −1
+1 −1 −1 +1
+1 −1 −1 −1




Fig. 1. ECOC decomposition matrix for a 4 classes classification problem.

After the a-priori decomposition, the dichotomizers fi are trained to associate
patterns belonging to class Ck with values dik of the decomposition matrix D,
their outputs are used to reconstruct the polychotomy in order to determine
the class Ci ∈ {C1, . . . , Ck} of the input patterns, using a suitable measure of
similarity. The polychotomizer then chooses the class whose codeword is the
nearest to that computed by the set of dichotomizers:

classout = arg max
1≤i≤K

Sim(F, ci) (1)

where classout is the class computed by the polychotomizer, ci is the codeword
of class Ci, the vector F is the codeword computed by the set of dichotomizers,
and Sim(x, y) is a general similarity measure between two vectors x and y,
e.g. Hamming distance or L1 or L2 norm distances for dichotomizers with are
continuous outputs.

It is worth noting that classifiers based on decomposition methods and clas-
sifiers based on ensemble averaging methods [17,9] share the idea of using a set
of learning machines acting on the same input and recombining their outputs
in order to make decisions; the main difference lies in the fact that in classifiers
based on decomposition methods the task of each learning machine is specific
and different from that of the others.

There are two main approaches to the design of a classifier using ECOC
codes:

– The first codes directly the outputs of a monolithic classifier, such us a MLP,
using ECOC [5,6].



110 F. Masulli and G. Valentini

– The second is based on the usage of ECOC in the framework of decomposi-
tion of polychotomies into dichotomies, and leads to the distribution of the
learning task among separated and independent dichotomizers. In this case,
we call the resulting learning machines Parallel Linear Dichotomizers (PLD)
if the dichotomizers used for implementing the dichotomies are linear (as
in [1]), or Parallel Non-linear Dichotomizers (PND ) if the dichotomizers
are non-linear [21,14].

Parallel Non-linear Dichotomizers (PND) are multiclassifiers based on the
decomposition of polychotomies into dichotomies, using dichotomizers solving
their classification tasks independently from each other [21,14]. Each dichoto-
mizer is implemented by a separate non-linear learning machine, and learns a
different and specific dichotomic task using a training set common to all the
dichotomizers. In the reconstruction stage a L1 norm or another similarity mea-
sure between codewords is used to predict classes of unlabeled patterns.
Parallel Linear Dichotomizers (PLD) are also multiclassifiers based on de-

composition of polychotomies into dichotomies, but each dichotomizer is imple-
mented by a separate linear learning machine (see, e.g., [1]).

Error correcting codes are effective if errors induced by channel noise on
single code bits are independent. In [18], Peterson showed that if errors on diffe-
rent code bits are correlated, the effectiveness of error correcting code is reduced.
Moreover, if a decomposition matrix contains very similar rows (dichotomies),
each error of an assigned dichotomizer will be likely to appear in the most cor-
related dichotomizers, thus reducing the effectiveness of ECOC.

Monolithic ECOC classifiers implemented on MLPs show an higher correla-
tion among codeword bits compared with classifiers implemented using parallel
dichotomizers. In fact, outputs of monolithic ECOC classifiers share the same
hidden layer of the MLP, while PND dichotomizers, implemented with a separa-
ted MLP for each codeword bit, have their own layer of hidden units, specialized
for a specific dichotomic task.

Moreover, concerning decomposition methods implemented as PLD [1], we
point out that this approach reduces the correlation among codeword bits, but
error recovering capabilities induced by ECOC are counter-balanced by higher
error rates of linear dichotomizers.

In next section, we will experimentally test the following hypotheses about
the effectiveness of ECOC:

Hypothesis 1 Error correcting output codes are more effective for PND clas-
sifiers rather than monolithic MLP classifiers.

Hypothesis 2 In PLD error recovering induced by ECOC is counter-balanced
by the higher error rate of the dichotomizers.
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Table 1. Data sets general features. The data sets glass, letter and optdigits data sets
are from the UCI repository [16].

Data set Number of Number of Number of Number of
attributes classes training samples testing samples

p6 3 6 1200 1200
p9 5 9 1800 5-fold cross-val
glass 9 6 214 10-fold cross-val
letter 16 26 16000 4000
optdigits 64 10 3823 1797

3 Experimental Results

In order to verify the hypotheses stated above, we have compared classifica-
tion performances of Parallel Non-linear Dichotomizers (PND), Parallel Linear
Dichotomizers (PLD) and monolithic classifiers implemented by MLP, using
both ECOC and one-per-class (OPC)2 decomposition methods.
PND are implemented by a set of multi-layer perceptrons with a single

hidden layer, acting as dichotomizers, and PLD are implemented by a set of
single layer perceptrons.

Monolithic MLP are built using a single hidden layer and sigmoidal activa-
tion functions, both in hidden and output neurons. The number of neurons of
the hidden layer amounts roughly from ten to one hundred according to the
complexity of the data set to be learned.

The programs used in our experiments have been developed using NEUR-
Objects [22], a C++ library for neural networks development. We have used
different data sets, both real and synthetic, as shown in Tab. 1. The data sets
p6 and p9, are synthetic and composed by normal distributed clusters associa-
ted. p6 contains 6 class with connected regions, while the regions of the 9 classes
of p9 are not connected. glass, letter and optdigits data sets are from the UCI
repository [16].

In the experimentation we used resampling methods, using a single pair of
training and testing data set or the k-fold cross validation [4]. In particular the
first (an simpler) form has been used for the data sets p6, letter, optdigits, and
cross validation for the data sets p9 and glass. For testing the significance of
differences in performances of two different classification systems applied to the
same data set, we have used Mc Nemar’s test [8] and the k-fold cross validated
paired t test [7].

2 In One-Per-Class (OPC) decomposition scheme (see, e.g., [2]), each dichotomizer fi

have to separate a single class from all the others. As a consequence, if we have K
classes, we will use K dichotomizers.
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Fig. 2. Comparisons of classification expected error estimates over different data sets.

Fig. 2, shows the comparison the performances in classification of MLP, PLD
and PND over the considered data sets.

Concerning monolithic MLP standard (OPC) and ECOC MLP, over data
sets p6, p9 and glass does not exist statistically significant difference between,
but over letter and optdigits standard MLP performs better. In other words,
ECOC MLP monolithic classifiers do not outperform standard MLP. This result
is in contrast with Dietterich and Bakiri’s thesis [6] stating that ECOC MLP
outperform standard MLP. Note that, however, Dietterich and Bakiri themsel-
ves, in the experimentation over the same data set letter we have used, obtains
better performances for standard MLP.

Concerning PLD, over data sets p6, p9, and optdigits there is no significant
statistical difference among OPC and ECOC decomposition, while over glass
PLD ECOC outperforms all other types of polychotomizers, but with letter
PLD OPC achieve better results.

Considering PND, for data sets p6 and optdigits no significant differences
among OPC and ECOC PND can be noticed. Over the p9 data set, ECOC
shows expected errors significantly smaller than OPC. Expected errors over glass
and letter data sets are significantly smaller for ECOC compared with OPC. So



Error Correcting Output Codes in Multiclass Learning Problems 113

we can see that ECOC PND show expected error rates significantly lower than
OPC PND.

We can remark that, on the whole, expected errors are significantly smaller
for PND compared with direct monolithic MLP classifiers and PLD. Moreover,
PLD shows higher errors over all data sets, and in particular it fails over p9
that is an hard non-linearly separable synthetic data set.

We have seen that ECOC MLP classifiers do not outperform standard MLP;
moreover ECOC PND show expected error rates significantly lower than OPC
PND. Also, ECOC PND largely outperform ECOC PLD. It follows that Error
correcting output codes are more effective for PND classifiers rather than direct
MLP and PLD classifiers. Then hypotheses 1 and 2 have been validated by the
shown experiments.

4 Discussion

In [11], on the basis of geometrical arguments, it has been shown that, using
ECOC codes, decision boundaries among classes are learned several times, and
however at least a number of times equal to the minimal Hamming distance
among codeword of the classes, while standard classifiers learn decision bound-
aries only two times. In this way ECOC classifiers can recover errors made by
some dichotomizers. Moreover, in [5,11] it has been stated that ECOC classifiers
should be preferred to directs standard classifiers, as they reduce error bias and
variance more than standard classifiers and present experimental results confir-
ming these hypotheses, with the exception of some cases over complex data sets
(such us letter from UCI repository) where standard MLP classifiers perform
better than ECOC MLP.

Our experimentation has pointed out that not always ECOC MLP outper-
form standard MLP classifiers, while we found a significant difference between
ECOC and OPC PND performances (fig. 2).

ECOC codes have been originally used to recover errors in serial transmission
of messages coded as bits sequences [3], supposing that channel noise induces
errors in random and not correlated positions of the sequence. On the contrary,
in a classification problem, each codeword bit corresponds to a particular dicho-
tomy, and then similar dichotomizers can induce correlations among codeword
bits. As shown by Peterson [18], the effectiveness of error correcting output codes
decreases, if the errors on different codeword bits are correlated. ECOC algo-
rithms used to recover errors in serial data transmission do not care about any
correlations among codeword bits, and then a transformation of these algorithms
for classification problems must at least provide for a control to avoid the gene-
ration of identical dichotomizers. More specifically, effectiveness of ECOC codes
applied to classification systems depends mainly on the following elements:

1. Error recovering capabilities of ECOC codes.
2. Codeword bits correlation.
3. Accuracy of dichotomizers.
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Error recovering capabilities of ECOC codes depends on the minimal Hamming
distance among codeword of classes, and it is a property of the ECOC algorithm
used. Accuracy of dichotomizers depends on the difficulty of the dichotomization
problems (for example if the dichotomy is linearly separable or not). Accuracy
depends also on the structure and properties of the dichotomizer and on the
cardinality of the data set: A dichotomizer with too parameters with respect
to the data set size will be subjected to overfitting and an high error variance.
Correlation among computed ECOC codeword bits is less for PND compared to
MLP classifiers: in PND each codeword bit is learned and computed by its own
MLP, specialized for its particular dichotomy, while in monolithic classifiers each
codeword bit is learned and computed by linear combinations of hidden layer
outputs pertaining to one and only shared multi-layer perceptron. Hence, inter-
dependence among MLP ECOC outputs lowers the effectiveness of ECOC codes
for this kind of classifiers. Moreover, we point out that a ”blind” ECOC decompo-
sition can in some cases generate complex dichotomies, counter-balancing error
recovering capabilities of error correcting output codes, especially if dichotomi-
zers are too simple for their dichotomization task (with respect to the data set
cardinality), as in the case of PLD. PND, instead, join independence of dichoto-
mizers (low correlation among codeword bits) with a good accuracy of their non
linear dichotomizers. These conditions are both necessary for the effectiveness
of ECOC codes in complex classification tasks.

5 Conclusions

Decomposition methods for multiclass classification problems constitute a po-
werful framework to improve generalization capabilities of a large set of learning
machines. Moreover, a successful technique to improve generalization capabilities
of classification systems is based on Error correcting output codes (ECOC) [5,
6].

Our experimental results show that ECOC is more effective if used in the
framework of decomposition of polychotomies into dichotomies, especially if non
linear dichotomizers, such us multi-layer perceptrons implementing Parallel Non-
linear Dichotomizers [21,14] are used for the individual and separated learning of
each codeword bit coding a class. Moreover, monolithic classifiers does not fully
exploit the potentialities of error correcting output codes, because of the corre-
lation among codeword bits, while Parallel Linear Dichotomizers (see, e.g., [1]),
even though implementing non linear classifiers starting from linear ones, do not
show good performances in case of complex problems, due to the linearity of
their dichotomizers.

Effectiveness of error correcting output codes depends on codeword bits cor-
relation, dichotomizers structure, properties and accuracy, and on the complexity
of the multiclass learning problem.

On the basis of the experimental results and theoretical arguments reported
in this paper we can claim that the most effectiveness of ECOC decomposition
scheme can be obtained with PND, a learning machine based on decomposi-
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tion of polychotomies into dichotomies, that are in turn solved using non linear
independent classifiers implemented by MLP.
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